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1. Introduction  
Generalized valued metric spaces are important in many fields, including 

science, engineering, and economics [1]. Numerous authors have proposed 
extraordinary generalizations of metric spaces, including [2]. In 1989, 
researchers began to expand fixed-point (F.P.) theorems for metric spaces, 
studying fixed-point theorems for multivalued mappings on complete metric 
spaces [3]. In 2007, Agarwal, Regan, and Sahu [4] presented a contraction 
mapping and proved that a mapping in a complete metric space has a unique 
fixed point.  

Many studies have been conducted on the F.P. and its applications in 
various spaces; see [5], [6], [7], [8], [9], [10], [11], [12]. In 2011, Azam, Fisher, 
and Khan [13] introduced the concept of complex metric spaces and proved the 
existence of F.P. by contraction maps. In 2014, Mlaiki [14] introduced the 
concept of complex S-metric space, which is a generalization of complex metric 
space. In 2014, Mukheimer [15] studied F.P. Theorems in the so-called b-metric 
space. The authors [16] presented an interesting study in which they discovered 
a series of common F.P. theorems involving specific logical conditions in these 
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complex spaces. We will present results that are considered an improvement and 
generalization of many studies.  

In 2014, the authors [17] studied common F.P. theorem in the complex - 
value metric space as well as proved them via w-compatible self-maps. 

we develop this work, introduced novel spaces as well as study common 
F.P. theorems in a complex public metric space.  

if   denotes to sets for the all complex number & if         . A partials 
orders       on the   define by                     &        

      . 
Definition 1.1 [18]: Let     , and the mapping         satisfies the 
following:  
1)           for all        and          if and only if      
2)                
3)                        for all          

Then   is called CVPM on   and       It is called the CVPM space.  

Definition 1.2 [18]: Let      and       [     be a function and 
        satisfies the following:  
1)                   &          iff      
2)                
3)               [              ] for all          

So       named the CV-extend metric spaces.  

Definition 1.3 [19]: if     ,            [     the function &       
    satisfies the following:  
1)              for all                
2)  If      , then             
3)                     for all           and     
4)                                                        
5)            [                   ] for all              

Then       is called CV.Gb-metric space.  

Definition 1.4 [16]: A maps   &   named weakly type compatibles (w- 
compatible) where are commuted at coincidences point. 

Definition 1.5 [16]: A maps   and   of are satisfy     property if        in   s.t 
                        for some   in  .  

Definition 1.6 [16]: A maps   and   satisfy        property if        in   s.t 
                        for some   in  .  

2.  Main Results  
We defined the complex public metric space and some important theorems  
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Definition 2.1: Let     ,            [     be a function and       
    satisfies the following:  
1)             for all           
2)  If      , then             
3)                                                        
4)                  (        )           (        ) 

Then   is called CVPM on   and       It is called the CVPM space.  

Example 2.2: if           s.t             |   |  |   |  |   | , 
              and            [    , then       is CVPM- space. 

Definition 2.3: if       is the CVPM- spaces, so   has  
M-property if satisfy                               and     

Proposition 2.4: In any CVPM-space that has the M-property, then for all 
        it follows that: 1) If            then        

            [               ]            

Theorem 2.5: In any CVPM- space       has M-property if  
i) ∆            

                 
                       

                   
                       

                
  

                        
                  

                       
                

ii)    and   have        property, iii)   &   the w-compatibles.  
So each of   &   has common F.P. 

Proof: By condition(ii),        in   s.t                        ,    . 
From (i), 

                                    
                         

                 
 

   
                          

                 
    

                        
                 

    
                            

                 
  

         we get  

                                    
                       

                 

  
                       

                  
                      

                 
                      

                      
i.e.                   by (1) of proposition (2.4), we obtain           

Now, consider          So,          implies that,        
        

Now, To prove          If not  From (i), we have             
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  |          |       |          |      
|          ||          |

|              |   

Since |              |   |          |  then 
|          |          |          |  

So,        , which is a contradiction. i.e.,   is the common (F.P) of   
and  .  

Theorem 2.6: In Any CVPM- space       has M-property if the condition (iii) 
of theorem (2.5) satisfied and the following: 
i)           
ii)              

                  
                       

                    
                       

                
   

                        
                   

                       
                

iii)   and   satisfy      property, iv)    be the closed subset for the  . 
so   &   has the common (F.P). 

Proof: By condition (iii),             such that  
                                   . (2.3)  
But,    is closed in  . So,                  for some     .  
we have                To prove         . From (ii), we have  
                                      

                         
                  

 
   

                          
                 

     
                        

                 
     

                           
                 

  
As        we have  

                               
                       

                  
                      

               

        
                      

                    
                      
                 , So,                

From (ii), we get  

                                    
                         

                 

      
                        

                     
                          

                     
                       

                 

                        
                        

                   

  |            |     |            |     
|            ||            |

|                |  

Since |              |  |            |  
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So,|            |     |            |     
|            ||            |

|             |  
implies that,           . Hence                 

3. Discussion and Conclusion 
We obtained some results in our study of common F.P. theorem in the 

complex-value public metric space, when the unique common (F.P) point was 
obtained for w-compatible mappings, and the two properties (    ) and (  ) 
were used. 
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