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1. Introduction  
Fixed point theory is one of the theories that help to develop mathematical 

approaches and benefit from them in both pure and applied mathematics. 
Therefore, many authors have resorted to studying it to create an appropriate 
framework for modeling a variety of known practical problems. In mathematics 
and other sciences, its study has also continued in metric and standard spaces, 
being extremely important in finding the best solutions, as several 
generalizations appeared to it during the past few decades, see [1-8]. Now, we 
recall some of the initial concepts found in [5]. 
 
Definition 1.1: Let       Let                  be a mapping 
satisfy the following: 
i.  (                      
ii.  (                       
iii.   (         (                       
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iv.  (         (         (          
v.  (         (         (                     
 

Then the pa r (      is called general zed metr c space (      . 
 
2.  Main Results  

Th s sect on contains the definition of    continuous 
mapping,    m xed monotone and mulicoup ed fixed po nt. Also, we prove 
the existence and uniqueness of the muli-coupled theorem in  metric space. 
 
Definition 2.1: Let (      be a part ally ordered set(      , we s y that the 
m pp ng                  is 
1.      continuous mapping if for all      there ex st     such that for 

all                      , 
 If  ((             (             (            )     then 
 ( (              (              (            )    

 or, for any s quences 〈 ̃  〉 conv rgent to    respect vely where,           
then, we have 〈    〉 convergent to     respect vely, for 
all                   , such. that                   , then we 
have (          (          and (          (          .On the oth r 
hand, for all                     if                   , then we 
have (          (          and(          (          . We denote by   
the set of all continuous mappings having mixed monotone properties.  

2. Appoint (         lies in             is called muli-coupled 
fixed point(         of   if satisfy    (           (         
    (                (          .  

 
Theorem 2.2: Let (      be a complete (      . and            
      be a mapping lies in    Define the following,                   , 
               such that             ,                , 
then the inequal ty holds,  ( (          (          (        ) 

     (        (        (        (      ] (  
 

for some         . Then the set of (         of    . 
 
Proof: By the cond tion of the theorem their ex st         such that  
    (             ,     (             ,     (               and 
     (            , we define                 : 
     (                     (                     (               
    and 
     (                .Let     (                  (              
       (                          (            . we write, 
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  (              
 ( (               (               (                (            )  
 ((             )     And,   (              
 ( (               (               (                (            )  
 (               Now, we. have,     (               (              
 (                   ,     (               (             
 (                   .And,      (                (               
 (                     ,     (              (             
 (                  .Cont nuing,    ,         (              
 (  (                (                (                 (               
         (              
 (  (                (                (                 (               
         (               
 (  (                 (               (                (             )  
And,         (             
 (  (               (                (             )      ,    
 (                   (                       
     (                   (     
    (                   (                    
    ((             )         (3) 
    (                    (                     
    (                      (4) 
    (                  (                       (            

        (       
If (                      (               Then the set of (         of   
 . So, we assume (                      (              for all     that 
is,       (                          (                  
         (                          (                 . 
We claim, (    (                  (                (             )  
  

 
  ( (               (                  

 ( (               (                  
 ( (                (                   
 ( (              (                ] (    
 (    (                  (                (             )  
  

   ( (               (                  
 ( (               (                  
 ( (                (                   
 ( (              (                ] (7) 
(     (                    (                  (              )  
  

   ( (                (                   
 ( (              (                 
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 ( (               (                  
 ( (               (                 ] (8) 
(    (                 (               (            )  
  

 
  ( (              (                 

 ( (               (                  
 ( (               (                  
 ( (               (                 ] (    For    , w  have  
 (  (                (               (             )  

  (
 ( (               (               (                (            ) 
 ( (               (               (                (            )

  (             
)  

 
 
   ( (               (                  
 ( (               (                  
 ( (                (                   
 ( (              (                 ]  
  nce,  (                  (                  (               
    (                
S milarly, we p ove (6),(7),(8), and (9) hold for     . Now, we assume th t 
(6), (7) ,( 8), and (9) hold for     .Using the facts that     (              
  (                      (                (               we get  
 (    (                  (                  (             )
  ( (    (                  (                    (                   (               
 (    (                  (                    ( (              )     (              
  (  (                (                  ((              )     (               
     ( 

   (                  (                (             )  
 (    (                  (                (             )  
 (    (                   (                 (             )  
 (    (                 (               (            )]  
 
  

  

    ( (               (                  
  ((               (                )  
 ( (                (                     ( (             
 (                 ]  

    

   ( (                (                  
 ( (                (                  
 ( (                (                     ( (             
 (                 ]. S milarly, prove the rest 
 (  (                (                (             )  
 (  (                (                  (             )  
 (    (                  (                  (             )    

 ( (               (                  
 ( (               (                 ] (8) 
(    (                 (               (            )  
  

 
  ( (              (                 

 ( (               (                  
 ( (               (                  
 ( (               (                 ] (    For    , w  have  
 (  (                (               (             )  

  (
 ( (               (               (                (            ) 
 ( (               (               (                (            )

  (             
)  

 
 
   ( (               (                  
 ( (               (                  
 ( (                (                   
 ( (              (                 ]  
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 (    (                  (                    ( (              )     (              
  (  (                (                  ((              )     (               
     ( 

   (                  (                (             )  
 (    (                  (                (             )  
 (    (                   (                 (             )  
 (    (                 (               (            )]  
 
  

  

    ( (               (                  
  ((               (                )  
 ( (                (                     ( (             
 (                 ]  

    

   ( (                (                  
 ( (                (                  
 ( (                (                     ( (             
 (                 ]. S milarly, prove the rest 
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 (  (                (                  (             )  
 (    (                  (                  (             )    

 ( (               (                  
 ( (               (                 ] (8) 
(    (                 (               (            )  
  

 
  ( (              (                 

 ( (               (                  
 ( (               (                  
 ( (               (                 ] (    For    , w  have  
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  (
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 (    (                  (                (             )  
         

 
  ( (                (                  

 ( (                (                  
 ( (                 (                    
 ( (              (                ]  
  
 (            )

   ( (               (                  
 ( (               (                  
 ( (                (                     ( (             
 (                 ]    
  

 (    
  ( (                (                  

 ( (               (                  
 ( (                 (                    
 ( (              (                 ].That is  
 (          

  

 (    
  (           (           (          

 (         ]. 
Th s          (             
 
Thus by L mma 4, and by 〈  〉 is  .Cauchy so, it is conv rgent in the 
complete (      .Let            . Similarly 〈  〉 〈  〉  〈  〉 also  . 
Cauchy and hence is c nvergent in the complete (      .  
Let                      , 
 ( (              (                 

  

 
  (           (          

 (           (         ] .T king the limit as     and since   is 
 .c ntinu us we h ve,  ( (          (              , which implies that 
 (          .Simil rly, 
e  (             (                (          . Then the set 
of (         of     
 
3. Discussion and Conclusion 

We introduced new concepts such as   -continuous mapping,   -mixed 
monotone and muli-coupled point and studied the possibility of obtaining the 
muli-coupled point in (      . 
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